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CHAPTER (Five 

  Trigonometric functions 

Trigonometric function 

the Trigonometric  Function.       and      are entire function i.e that is analytic on 

all points because its compose of the function           
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Proof :- 
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Proof :- 

     
    

    
 

         

         
 

         

         
  

           
                  

                  
  

𝐬𝐢𝐧𝑨 𝐜𝐨𝐬𝑩  
𝟏

𝟐
 𝐬𝐢𝐧 𝑨  𝑩  𝐬𝐢𝐧 𝑨  𝑩   

𝐜𝐨𝐬𝑨 𝐬𝐢𝐧𝑩  
𝟏

𝟐
 𝐜𝐨𝐬 𝑨  𝑩  𝐜𝐨𝐬 𝑨  𝑩   
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Example 

prove that            interior function 

Solution 

              ⏟      
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C.R.E  are satisfied  

since the partial derivatives are continuous and differentiable , then 

       is enterior 
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Example 

is             interior function ? 

H.W 

 

 

 

 

 

 

 

Example 

the zeros of      is real  ( solve           

Solution 
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Example 

prove that        ̅̅ ̅̅ ̅̅ ̅̅ ̅      ̅ 

H.W 

 

 

 

 

 

 

 

 

 

Example 

The function     ̅ are not analytic 

Solution 
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C.R.E   are not satisfied  

      ̅   not analytic 
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Important Rules 

1.                                         

2.      
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Example 

prove that : |    |               

Solution 

                           

|    |  √                         
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Example 

prove that : |    |               

Solution 
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Example 

prove that : |    |  |    |    

Solution 

|    |  |    |                             
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Example 

prove that : |     |  |    |  |     | 

Solution                                                                     

|    |                

|    |                           

|    |                

|    |                  

                                

                               

                              

|    |  |     |                  

From (1) & (2) we get  

       |    |          

      |    |         

 

 


